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PE CUONG ON TAP HQC KY |1 -NAM HQC 2021-2022
TOAN 12 — GIAI TICH

CHUONG III: NGUYEN HAM - TiCH PHAN VA UNG DUNG
A. KIEN THUC TRONG TAM
BAI 1: NGUYEN HAM VA PHUONG PHAP TIM NGUYEN HAM
1.Dinh nghia nguyén ham
Cho ham sé f(x) x4c dinh trén K (K |2 khoang, doan hay nira khoang). Ham s6 F(x) duoc goi la mot
nguyén ham cua ham s f (x) trén K néu F'(x)= f(x) véi moi xe K.
2.Dinh Ii
Gid sirham s6 F(x) 1a mot nguyén ham cua ham s6 F(x) trén K. Khi dé:
Vi mdi hang s6 C, ham s6 F(x)+C ciing 1a mot nguyén ham cua f (x) trén K.
Nguoc lai, véi mdi nguyén ham cua f (x) trén K thi ton tai mot hang s6 C sao cho G(x) = F(x)+C véi moi
xeK.Dodé F(x)+C,CeR laho tat ca cic nguyén ham cua f (x) trén K.
Ky hiéu J. x)dx=F(x)+C

3.Tinh chat
f (x),9(x) 1a hai ham s6 lién tyc trén K thi:

) jf (x)dx=f(x)+C
b) [ (x)dx = k| f (x)dx, véi k I hai s6 thuc khac 0.

c) j[mf( +ng(x)]dx = mj dx+njg x)dx voi m,n 1a hai s thuc khac 0.
d) Voi a,beR va a=0 taco: jf(ax+b)dx:§F(ax+b)+C,édé F(x) la mot nguyén ham cia f ().

4.Swyr ton tai nguyén ham
Pinh li: Moi ham s6 f (x) lién tuc trén K déu c6 nguyén ham trén K.

5. BANG NGUYEN HAM CUA CAC HAM SO THUONG GAP

Nguyén ham cia ham | Nguyén ham cia ham | Nguyén ham cia ham sé hep

s0 so' cAp so hop (u=u(x)) (u=ax+b;a=0)
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_[dx=x+C _[du=u+C .[d(ax+b)=ax+b+C
Y Xa+1 a+l . 1 aX+b a+l
J'x dx=a+l+C(a¢—1) u:a+1+C(a¢—1) I(ax+b) dx:é((;g—+i+c(a¢_l)
J.de=ln|x|+C J‘Edu=ln|u|+C _[ 1 dx:EIn|ax+b|+C
X u ax+b
1.1 1. 1 1dx=—£.1+C
J.FdX——;'FC ?du——a'FC J.(aX-i-b)z a ax+b
J.\/;dx:éx X+C J.«/Gdu:gu\/a+c j\/ax+bdx:§§(ax+b)\/ax+b+c
j—dx 2Jx+C j—du 2Ju+C J.\/idx——Z\/ +b+C
Iexdx = +C je“du =e"+C Ieax*bdx = Zeax+b +C
a
‘ a u a’ men 1a™
ja dx = +C(a>0,a=1) jadu= +C(a>0,a=1) ja dx=—. +C(a>0,a=1)
Ina Ina m Ina

Isinxdx=—cosx+C

Isinudu:—cosu+C

J.sin(ax+b)dx:—§cos(ax+b)+c

Icosxdx:sinx+C

Icosudu=sinu+C

_[cos(ax+b)dx=§sin(ax+ b)+C

J.tan xdx =—In|cosx|+C

J.tanudu =—In|cosu|+C

_[tan(ax+ b)dx = —iln‘cos(ax+ b)‘+CI

jcotxdx: In|sinx|+C

jcotudu=|n|sinu|+C

jcot(ax+b)dx:iln‘sin(ax+b)‘+c

1

1
=~ _dx=--cot(ax+b)+C
Ism de_ cot x+C -[sm udu_ cotu+C -[sinz(ax+b) X aco(ax+ )+
I = dx=tanx+C j 1 du=tanu+C _f;dx:étan(ax+b)+c
cos’ X cos? U cos’ (ax+b) a
_idx=ln —|+C _idu:ln —|+C f dx :llntanaXer C
sinx sinu sin(ax+b) a 2
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idx=|n

1
COSX HJJ.

X 7
tan| —+—
2

Ccosu

1
jcos(ax+b)dx
du:lntan(g+£j+(3
2 4 1 ax+b =«
=—In|tan +—|+C
a 2 4

1. Pinh nghia tich phan

BAI 2: TICH PHAN

Cho hamsé f (x) lién tuc trén doan [a;b] , véi a<b.

Néu F(x) languyén ham cua ham sé f (x) trén doan [a;b] thi gid tri F(b)—F (a) duoc goi la tich

phan cia ham sé f (x) trén doan [a;b].

b
Ki hiéu

a

jlf(x)dx: F(x)

~F(b)-F(a)

(1)

Cong thae (1) con dugc goi la cdng thuc Newton — Leibnitz; a va b duoc goi la can dudi va can trén

cua tich phan.

Y nghia hinh hoc ciia tich phan

b

Gid sirham s6 y = f (x) 1a ham s lién tuc va khong 4m trén doan [a;b]. Khi dé, tich phan j f (x)dx

chinh la dién tich hinh phang gisi han béi duong cong y = f (x), truc hoanh Ox va hai duong thang

X=a,X=b, vi a<bh.

YA

a

2. Tinh chit co ban cia tich phan

Chohamsé f(x) va g(x) la hai ham s6 lién tuc trén khoang K, trong d6 K c6 thé Ia khoang, nira

khoang hoac doan va a,b,c € K, khi do:
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a.Néu b=a thi || f(x)dx=0

D C—y

b. Néu f(x) c6 dao ham lién tuc trén doan [a;b] thi ta co:

j-f'(x)dx:

b

X)| = f(b)-(a)

a

c. Tinh chit tuyén tinh

j[kf(x)+hg X)]dx = kj dx+hjg

Vé6i moi k,helR.

d. Tinh chét trung can

if(x)dXZTf(x)dx+Tf(x)dx ,V6i ce(ah)

e. bao can tich phan

b
f.Néu f(x)20, vxe[ab] thi [ f(x dx>0vaj x)dx =0 khi f(x)=0.

g.Néu f(x)=g(x),vxe[a;b] thi

if dx>jg

h. Néu m=r[n'ibr]1 f(x)vaM =r[nak3( f (x) thi

b
m(b—a)< [ f(x)dx<M (b-a)

i. Tich phan khdng phu thugc vao bién, tic 1a ta lubn co
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II. CAC PHUONG PHAP TiNH TICH PHAN
1. Phwong phap doi bién sb
Poi bién dang 1

f (x)dx, trong d6 ta c6 thé phan tich

D C— T

Bai toan: Gia st ta can tinh tich phan | =

f (x)=g(u(x))u’(x) thi ta thyc hién phép ddi bién s6.
Phwong phap:
+Dat u=u(x), suy ra du=u'(x)dx.

+Padi can:

b u(b)
+Khi do |I :jf(x)dx: I g(u)du=G(u)| |,véi G(u) languyénham cua g(u).
a u(a)

Bai toan: Tinh tich phan |l :Iu(x).v'(x)dx

Huwong ddn gidi

bt {u:u(x) j{du:u’(x)dx

dv=v/(x)dx |v=v(x)

Khi do |1 =(uv)

b
l;—_[v.du (cng thirc tich phan ting phan)
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BAI 3: UNG DUNG CUA TICH PHAN
I. UNG DUNG TiCH PHAN PE TINH DIEN TiCH HINH PHANG

Hinh phing gi¢i han béi mgt dwang cong va truc hoanh
Dién tich hinh phang (H ) gi6i han bsi dd thi hamsé y = f ()
lién tuc trén doan [a; b] , truc hoanh va hai dudng thang x=a,

x=Db (v6i a<b) dugc xac dinh theo cbng thuc:

Cha y
Néu f(x) khong doi dau trén doan [a;b] thi

j (x)|dx =

» Néu phuong trinh f (x)=0 c6 nghiém duy nhat x =c thudc

khoang (a;b) thi

S :E|f(x)|dx:i|f (x)|dx+§|f (x)|dx

:[f(x)dx+if(x)dx

« Néu phuong trinh f(Xx)=0 c6 hai nghiém c <c, thudc

khoang (a;b) thi

5=l ojen-

Hinh phing gi¢i han béi hai dwong cong

b

jf(x)dx

C2

+ -

J (x)dx

G

j x) dx

Dién tich hinh phang (H ) gi¢i han béi d6 thi hai ham sé (C,)
:y="f(x), (C,): y=9(x) lién tuc trén doan [a;b] va hai

duong thing x=a, x=Db (véi a<b) duoc xac dinh theo cong

thuec:

YA
y =f(x)

. /.

[a o| \UL.,

2%

Phan 16 mdu den chinh la dién tich
hinh phang gidi han béi d6 thi ham
s6 y = f () lién tuc trén doan [a;b]
, truc hodnh va hai dwong thdng
X=a, x=b (véi a<b).

Dac biét:

- Néu f(x)=0,vxe[ab] thi

=§[|f (x)|dx=_:|:. f (x)dx

- Neu f(x)<0, vxe[ab] thi

b b

S =j|f (x)|dx=—j f(x)dx

a a
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¢ Phan gach chéo trong hinh I& hinh
S:I|f(X)—g(X)|dX M s FA b Lot LA £
" phang gidi han bai do thi hai ham so

(C):y=1(x):(C,): y=9(x)
lién tuc trén doan [a;b] va hai

dwongthang x=a, x=b (véi a<b

).
Dac biét:
°Néu f(x)=g(x), Vxe[a;b] (4o

Chay
» Néu phuong trinh f (x) =g(x) v6 nghiém trén khoang (a;b)

b

JLF ()= (x)]ox

a

thi S :j}"f(x)—g(x)‘dx:

. thi (C,) nam phia trén do thi (C,))
b
« Néu phuong trinh f (X) = g(x) c6 nghiém duy nhat X=C thitacé: S =_[|f (X)— g (X)|dx

thuoc (a;b) thi S =.C[|f (x)—g(x)|dx+.bf|f (x)—g(x)[dx

- JLr 0= (]

« Néu f(x)<g(x), Vxe[a;b] (4o

C

[ (x)-g(x)]dx

a

+

Il (0-a)ox

thi (C,) ndm phia duéi do thi (C,))

« Néu phuong trinh f (x)=g(x) c6 hai nghiém c, <c, thudc thitacod: S = _T|f (x)-g (X)|dx

khoang (a;b) thi
==[[F()-900)]ax

s Jlf (o)

a

JL10-g(]ex

Cy

JLf (-9 (x)]dx

G

+ +

JLf(0-a0]ex
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Il. THE TICH VAT THE VA THE TIiCH KHOI TRON XOAY

Thé tich vat thé

Cat mot vat the B bai hai mat phang (P) va
(Q) vubng gdc véi truc OX lan luot tai x=a va
x=Db, véi a<b. Mot mit phang tly y vubng goc
véi Ox tai diém c6 hoanh d6 x (v6i a<x<b) cit
B theo thiét dién c6 dién tich S(x) nhu hinh v&

bén.

b
Khi d6 thé tich vat thé B 1a V = S (x) dx.

Thé tich khdi tron xoay
a) Cho hinh phang (H) gi6i han béi @6 thi ham
sb y=f (x) lién tuc trén doan [a;b], truc Ox va
hai duong thiang x =a va x=b (véi a<b). Quay
(H) xung quanh truc Ox ta thu dugc mot khoi
tron xoay nhu hinh vé bén.

Thé tich khéi tron xoay thu duoc Ia

b

% :ﬂf[f(x)]zdx

a

Néu dbi vai trd cua x va y cho nhau, ta duoc

Khi d6, hinh phang (H) gi¢i han boi do thi
ham s6 x=g(y) lién tuc trén doan [c;d], truc Oy
va hai duong thang y=c, y=d (véi c<d).
Quay (H) xung quanh truc Oy ta thu dugc mot

khéi tron xoay nhu hinh v& bén.

1

e

x=9()

v

=<V
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b) Cho hinh phang (H) gi¢i han bai do thi hai
YA

hamsé (C,): y=f(x), (C,): y=g(x) lién tuc
trén doan [a;b] va hai duong thing x=a, X=b
(véi a<b).Quay (H) xung quanh truc Ox ta thu

dugc mot khdi tron xoay nhu hinh v& bén. Khi do, (@)

thé tich khdi tron xoay thu duoc 12

b

\Y, =7z”f2(x)—gz(x)‘dx

a

Chu y: Trong truong hop nay, ta phai cé
f(x).g(x)>0 vdi Vxe[a;b] thi méi ap dung
dwoc cong thac.

B. CAU HOI TRAC NGHIEM

Cau 1: Nguyén ham caa ham sé f(x) =e”* Ia
1.
A [ foyax=e>"+C. o If(x)dx=§e +C.
J (ax —Zeic, [ f(oax=e+C.
C. 2 D.

. .1 .
Cau 2: Biét F(x) 1a nguyén ham cua ham so6 1 va F(2)=1. Khi d6 F(3) bang bao nhiéu:

1 3
A. In2+1 B. - C.In= D. In2
2 2

Cau 3: Ho tét ca cac nguyén ham cua ham sé f (x)=2x+sinxla
A. 2x*+cosx+C. B. 2x*—cosx+C. C. x*—cosx+C. D. x> +cosx+C.

Cau 4: Cho ham sb f (x)=4x°—2. Trong céc khang dinh sau, khang dinh nao dang?

A. If(x)dx:12x2+C B. If(x)dx:3x4—2x+C

C. Jf(x)dx:%x“—2x+c D. J.f(x)dx:x4—2x+C
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Cau 5: Tim ho nguyén ham cta ham s6 f(x)= ! trén R\{—ﬂ}.
5x+4 5
A. j dx_—ln|5x+4|+C B. I x)dx =In[5x+4|+C.
1
C. jf(x)dx=gln|5x+4|+c. D. j =—In (5x+4)+C.

3
Cau 6: Cho ham s f(x) co dao ham trén doan [0;3], f(0) = 2 va f(3)=5. Tinh | :I f'(x)dx
0

A 3 B. 9 C.-5 D. 9

Cau 7: Tim nguyén ham f (x) = (1—x)cos x bang cach dat u =1— x,dv = cos xdx. Ménh dé nao duéi day

sai?
A. [ f(x)dx= (1-x)sin x—cos x+C. B. [ f(x)dx = (1-x)cos x+sinx+C.
C. I f (X)dx =sin x—(xsin x+cos x) + C. D. j f(X)dx =(1—x)sin x+Isin xdx +C.

Va

2
Cau 8: Giatricua | :J'sin3 xcos xdx bang

I—l |_lﬂ
A. 4’ B | =4 C. 4" D |I=0.
1
a ,. . ,
Cau 9: Gia su jMdX= Ing,trong d6 —toi gian.Tinh P=ab
X°+5Xx+6 b b
A P=15 B P =16 c.P=18 D.P=21

=a=9,b=2=P=ab=18

NI

Cau 10: Biét j cos xdx = a-+b+/3, véi a, b 1a cac sé hitu ti. Gid trj biéu thic S =a—4b

wly

S=2. S=—. S=l.
2 2

A. B. S=3. C. 2 D.

1
Cau 11: Tinh tich phén 1 I dX bang cach dat x = 2sint. Ménh dé nao dudi day ding?
0

A. 1 =2|(1-cos2t)dt. B. | =2|(1+cos2t)dt.

Ot |3
o=y
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O e | N
O N | N

C. Izg (1-cos2t)dt. D. I =2|(1-cos2t)dt.

Cau 12: Dién tich S caa hinh phang gi¢i han boi db thi ciaham sé y = f,(x),y = f,(x) lién tuc va hai

duong thang X =a, X =b (a <b) duoc tinh theo cong thirc:

szﬂfl(x)—fz(x)\dx S= Tfl(x)—fz(x)dx
A. a . B. a :

S = [ .00~ 1, ()]dx S = [, (x)dbe— ] £, (x)x
C. a . D. a a .

Cau13:Cho | = j xe¥dx , dat u=x?, khi do viét I theo u va du ta duoc:

N =2[e'du 5! = [e'du c =%J'e“du 5 | = [ue‘du
Cau 14: Cho j x)dx =10 va j x)dx =7 thi j x)dx bing:
A -17. B.17. C. 3. D. -3.
Cau 15: Biét T f (x)dx=4.Giatri cua j3f x)dx bang.
1
AT B.%. C. 64. D. 12.
Cau 16: Biét tich phan j 23 dx=aln2+b . Tinh P =a+b:
A.9 B.5 C.-5 D.2

2 2
Cau 17: Cho j[Bf (x)+2x]dx =12. Khi d6 _[f(x)dx bang
1 1

A. 3. B. 2. C.E'. D.E.

3 3
Cau 18: ChoF(x) la mot nguyén ham ciia ham sé f (x) = [5x¥/1-x* dx, biét F(1)=0. Gia tri cua

F(ﬁ) 1
AL g2 c.t p. 2
8 8 4 4
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i 3
Cau 19: Chohamso f (X) ¢6 dao ham lién tuc trén doan [1; 3], f (3) =5va J. f '(X)dx =6. Tinh f (1)
1
A. 10 B.11 C.1 D. -1

2
Cau 20: BiéthxIn(x+1)dx=aInb,vdi a,beN".TinhT=a+b.
0

A. T=6. B. T =8. C.T=7. D.T=5.

Cau 21: Dién tich hinh phang gi¢i han boi cac duong y=x*—1 va y =—x*+2x+3 khong dugc tinh
bang cong thic nao sau day?

A S= i (—X% = X+ 2)dx. B.S= J}(sz —2x—4)dx.
-1 2

C.S= .ZH(X2 D —(-x* +2x+3)‘dx. D.S= T‘ZXZ —2x—4‘dx.
-1 -1

CAu 22: Cho hinh phing (H) dugc gi6i han bdi cac duong y =€,y =0,x=0 va X =In4. Dudng thing

x=Kk(k €R,0<k <In4) chia hinh phang (H) thanh hai phan c6 dién tich1a S,,S,

(xem hinh v¢).

Tim k & S, =2S,.

A. k=In3 B.kzlng C.k:§|n4 D.k=In2

Cau 23: Cho hai ham s6 f(x)=ax®+bx? +cx—1 va g(x) = dx? +ex+%(a,b,c,d,ee R). Biét rang d6

thi ctia ham sb y = f(x) va y =g(x) cit nhau tai ba diém c6 hoanh d6 lan luot 13 —3;-1;2

(tham khao hinh v&). Hinh phing giGi han béi hai d6 thi da cho c6 dién tich bang
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(L} SOEEOS SR,
B o o g e o

- N
A 22 5 125 . 258 b, 125
12 12 48 48

Cau 24: Cho ham s f (x) c6 dao ham lién tuc trén R va thoa man cac dicu kién sau: f (0)=-2 va

Ng
(X +1) £'(x)+xf (x) =-x, ¥x € R. Tinh tich phan | = I xf (x)dx

A. I=§. B.l=—. C. I=§. D. I =—.
2 2 2 2

Cau 25: Cho ham s6 bac bon y = f (x) c6 d6 thi (C) nhu hinh v& bén. Biét ham s6 y = f (x) dat cuc
2

tri tai cdc diém X;,X,, X, thdaman X, =% +2, f (x )+ f (X3)+§ f (x,)=0 va (C) nhan dudng

théng d:x=x, lam truc déi xung. Goi S,,S,,S;,S, 1a dién tich cua cac mién hinh phéng duoc

d4nh dau nhu hinh bén

’,l
d
0 x o
. 2 93+S, s \ s £
Tis6 ——* gan két qua nao nhat?
_I_
1 2

A. 162 B. 1,64 C.1,68 D. 1,66
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BANG DAP AN

1.C 2.A 3.C 4.D 5.C 6.A 7.C 8.A 9.C 10.B

11.D 12.A 13.C 14.C 15.D 16.C 17.A 18.A 19.D 20.A

21 22.D 23.C 24.D 25.D

CHUONG IV: SO PHUC
A. KIEN THUC TRONG TAM

1.S6 PP =—1.
2. Pinh nghia sé phiic

MJdi biéu thirc dang ¢+% trong d6 ®b€R, i =-1
duoc goi 1a mot sb phuc.
Déi vé6i sb phic 2=4+5i, tandi @ 1 phan thuc, ¢ 1a phan ao cua =

Tap hop cac s6 phuc ki hiéu 1a C.

3. Hai s6 phitc bang nhau

z,=a+bi abeR z,=c+di c;deR

Hai sé phuc va
duoc goi 12 bang nhau khi va chi khi

a=c yq b=d.

Cha .
. M3i s6 thuc @ dugc coi 1a mot s6 phac véi phan ao bang 0 =4 +0% -
Nhu vay, mdi s thuc ciing 1a mot sé phic. Tacoé RcC.
. S phuic 0+5i dugc goi la s 40 va viét don gian 14 bi.
bi =0+0bi.
. bac biét: 1 =0+1

. S6 i duoc goi la don vi 0.



15
GV: bang Thanh Hai Trwong THPT Triéu Quang Phuc
4.Biéu dién hinh hec sb phiic
Nhu trén d thdy, mdi s6 phtc z=e+5 hoan toan
dugc xac dinh bai cap s6 thue % - i

Piém M %% trong mot hé toa do

=Y

vubng gdoc cta mat phang duoc O a

goi la diém biéu dién sé phuc

z=a-+bi.

5.Médun caa so6 phic
Gia st s6 phiic z=a+b dugc biéu dién boi diém
M a:b tran mat phing toa do (hinh bén). "
Do dai cua vécto OM dugc goi la bf-mmnn-25

modun cua sé phac z va ki hiéu

\

la

.

Vay |z|:‘m‘ hay |a+bi|z‘0ﬂ‘ hay ||a+ & =~a* +b>.

6.S6 phic lién hgp

Cho sb phtic z=a+bi. Ta goi a—bi yA
lasd phac lienhop cua z vakihieu |~
|

Z=a—bi 0]

Q_)/

7. Phép cong va phép trir hai sé6 phirc

Cho hai Sé phI’IC zy=a+bi abeR va 2 =c+di c;deR.
Khi do
o 21tz =atc +b+di

o 2L =a—c +b—di

o S dbi cua sé phirc z=a+bi |3 —z=—a—bi.
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8. Phép nhan hai sb phiic

Cho hai 56 phfl’C z,=a+bi a;beR va 2 =c+di c;deR . Khi

do

|zlz2 = a+bi c+di = ac—bd + ad+bc i.|

Nhan xét. Vi moi s thuc * va moi s phic 2= 40<R . ta ¢4

|/e.z =k a+bi = ka+kbz'.|

Dic bigt: 0.2=0 v§i moi s6 phuc =
9. Phép chia hai sb phiic

Chia s6 phic <+di cho s6 phic a+5 khac © 1a di tim sé phirc =z thoaz - Cij’:.
a 1

Pé tinh thuong ta nhan ca tir va mau véi s6 phuc lién hop cua e+% cu thé

,_ctdi c+di a—bi —a€+bd+ad_b€i
a+bi a+b a4+ d+p

10. Cin bac hai ciia s6 thuc am

Tuong ty can bac hai cia mot sé thue duong, tir dang thic © =—1 ta n6i 7 14 mot

2 = — \ J4 7 .
can bac hai cua —b — ciing 1a mot can bac hai cia ~L vi 7 =1 Tir d6, ta xac dinh

duoc can bac hai cua cac s thuc am.

Tong quat, cac can bac hai cua sb thuc ¢ am 1a il
11. Phuwong trinh bic hai véi hé so thuc
Cho phuong trinh bac hai @’ +bx+c=0 ygi 4 b, c€R yg a=0.
Xét bigt s6 A=0"—4ac ciia phuong trinh. Ta thay:
b

° Khi 2=0, phuong trinh c6 mdt nghiém thuc T
° Khi 2>0, ¢6 hai can bac hai (thuc) cua A 14 =VA va phuong trinh c6 hai

. _ b
nghiém thuc phan biét, duoc xac dinh boi cong thic ~~ 2a

’
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° Khi A <0 phuong trinh khong c6 nghiém thyc vi khéng ton tai can bac hai

thuc cua A Tuy nhién, trong truong hop 2<% néu xét trong tap hop sé phic, ta van co

hai can bic hai thuin 4o caa & 12 I Kni do, phuong trinh c6 hai nghiém phic duoc
—b+iy|A|
. A L Xy =——— .
xac dinh bsi cong thic ~~ 2«
B. CAU HOI TRAC NGHIEM

Cau 1. Cho biét sb phirc lién hop cua sb phirc z 1a 7=1-3i.56 phtc z la

A.z=3+Ii B.z=1+3i C.z=3—1i D. z:i_
1-3i
Cau 2. Cho hai s6 phitc z, =3+2i va z, =2~i. S6 phiic z, +2, bang
A. -5+1, B. 5-1i. C. 5-1i. D. 5+i.
Cau 3. Cho hai s6 phirc z, =2+i va z, =1+3i. Phan thyc ctia s6 phirc z, +2, bang
A. L B. 3. C. 4. D. -2.
Cau 4. Tinh modun sé phirc nghich dao cua sb phirc z = (1- 2i)2 .
1 1 1
A —. B. /5. C. —. D. =
J5 25 5
Cau 5. Sb phurc lién hop ciia sé phic z=2+i la
A 2=-2+i. B. z=-2-i. C.z=2-i. D. z=2+i.
Cau 6. Cho sb phtrc Z=3-2i. Tim diém biéu dién cua s phuc w=z+i.z
A M (3-5) B. N(5,-5) C. P(L1) D. Q(5,2)
CAu 7. Cho s6 phitc z théa man (2+i)z=4-3i. Modun ciia s phic z bang
A 2. B. 1. C. 5. D. 5.
Cau8. Cho céc sé phirc 7 thoa man |2+1—i|=|z—1+2i|. Tap hop cic diém biéu didn céc s6 phic 2
trén mit phang toa do 1a mot duong thang. Phuong trinh duong thang do6 1a
A. 4x-6y—-3=0 B. 4x+6y+3=0 C. 4x-6y+3=0 D. 4x+6y—-3=0

Cau9. Tép hop diém bidu dién cac sé phirc thoa |zi+1) =1 1a mot duong tron. Tim tam | ciia duong
tron do.

A 1(0;-1). B. 1(0;1). c. 1(-10). D. 1(10).
Cau 10. Tim phén 4o ctia s6 phirc z, biét (1+i)z=3-i
A. 2 B. -2 C.1 D. -1

Cau 11. Cho sb phuc 7 théa man diéu kién |2 —3+4i|< 2. Trong mat phing Oxy tap hop diém biéu

dién s6 phitc W=2z+1—i 1a hinh tron c6 dién tich
A S=9r. B. S=12r. C. S=16r. D. S=25r.
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Cau 12. Cho sb phic z théa man |Z —Zq =2;w=(1+ \@i)z +2. Tap hop diém biéu dién cua s6 phirc W

la duong tron, tinh ban kinh duong tron do.
A. R=5. B. R=2. C. R=3. D.R=4

Cau 13. Trong céc sb phirc z thoa méin |Z—2—4i|=|z—2i|. S6 phtc z c6 médun nho nhat 1a
A. 2=3+2i B. z=-1+i C.z=-2+12i D. 2=2+2i

Cau 14. Trong tap c4c s6 phirc, cho phuong trinh 2> ~6z+m=0, meR (1). Goi m, la mot gia tri clia
m dé phuong trinh (1) c6 hai nghiém phan biét z,, z, thoa man z,.z, = z,.z, . Hoi trong khoang (0; 20)
c6 bao nhiéu gia tri m, e N?

A. 13. B. 11. C.12. D. 10.

Cau 15. Trong tap hop céc s6 phuc, goi z,, z, 1a nghiém cua phuong trinh 22—z + g‘fl? =0, voi z, co

thanh phan a0 duong. Cho s6 phiic z thoa man |z—2z|=1. Gi4 tri nho nhét ciia P = lz-2z,| la

A VET6-L. SRR S
BANG DAP AN

1C |2D | 3B 4D |5C |6C |7C 8A | 9B |10B |11C |12D | 13D | 14D | 15A




